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Abstract

Ranking fuzzy numbers is generalization of the concepts of order, and class, and so have fundamental
applications. Moreover, deriving the final efficiency and powerful ranking are helpful to decision
makers when solving fuzzy problems. Selecting a good ranking method can apply to choosing a
desired criterion in a fuzzy environment. There are numerous methods proposed for the ranking of
fuzzy numbers, some of them seem to be good in a particular context but not in general. In this paper,
a new attitude coupled with the basic thinking of ordering for ranking of fuzzy numbers is proposed.
The properties of the proposed method are discussed in detail. The ranking results show that the
proposed method can overcome certain shortcomings that exist in the previous ranking methods.The
method also has very easy and simple calculations compared to other methods. Finally, numerical
examples are presented to illustrate the advantage of our proposed method, and compare them with
other common ranking methods. The future prospect of this paper is a new attitude to fuzzy distance,

which will be referred to in the end.
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1 Introduction

Rdering of fuzzy quantities is based on ex-
tracting various features from fuzzy sets.
These features may be a center of gravity, an area
under the membership function, or various inter-
section points between fuzzy numbers. A particu-
lar fuzzy number ranking method extracts a spe-
cific feature from fuzzy numbers, and then ranks
them (fuzzy numbers) based on that feature. In
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order to rank fuzzy numbers, one fuzzy number
needs to be compared with the others but it is
difficult to determine clearly which of them is
larger or smaller. The method for ranking was
first proposed by Jain [17], since then, numer-
ous methods have been proposed for ranking spe-
cial kinds of fuzzy numbers with different flaws
19, 29, 12, 6, 7, 27, 8, 9, 14, 10, 11, 2, 3, 4, 22,
21, 20, 23, 24, 26, 28, 30].

All fuzzy set ranking methods can be categorized
into two classes (after Yuan [31]):

1) Methods which convert a fuzzy number to a
crisp number by applying a mapping function F
(i.e., if A is a fuzzy number, then F(A) = a, where
a is a crisp number). Fuzzy numbers are then
sorted by ranking crisp numbers produced by the

mapping.
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2) Methods which use fuzzy relations to compare
pairs of fuzzy numbers, and then construct a re-
lationship which produces a linguistic meaning of
the comparison. The ordering results are some-
thing like fuzzy number A is slightly better than
fuzzy number B.

However, each methodology has its own advan-
tages and disadvantages.

With 1, it has been argued that by reducing the
whole of our analysis to a single (crisp) number,
we are loosing much of the information we have
purposely been keeping throughout our calcula-
tions [15]. This methodology, on the other hand,
produces a consistent ranking of all fuzzy sets
considered (i.e., if A is ranked greater than B,
and B is ranked greater than C, then A will al-
ways be much greater than C). Also, there will
always exist a fuzzy set which is ranked as best,
second best, third best, and so on.

With 2, by keeping the comparisons linguistic,
we are preserving the inherit fuzzy information of
the problem. However, as Yuan [31] points out,
it may not always be possible to construct total
ordering among all alternatives based on pairwise
fuzzy preference relations. This means that even
if A is better than B, and B is better than C, A
may not always be better than C.

Discouraging facts about fuzzy set ranking meth-
ods, unfortunately, do not end here. In their re-
view, Bortolan and Degani [5] find that for sim-
ple cases, most fuzzy set ranking methods pro-
duce consistent rankings. Difficult cases however,
produce different rankings for different methods.
This means that if membership functions over-
lap (or intersect) for some values of x, or if the
supports of fuzzy numbers differ even slightly, dif-
ferent methods will most likely produce different
rankings.

There is not a unique method for comparing fuzzy
numbers. As a result, it is reasonable to expect
that different ranking methods can produce dif-
ferent ranking order for the same sample of fuzzy
numbers and some of them seem to be good in a
particular context but not in general. Intricacies
like these make ranking fuzzy numbers rather dif-
ficult.

In this paper, with a new attitude coupled with
the basic thinking to ordering, we define a fuzzy
linear (total) order on the fuzzy numbers set. Ac-
cordingly, we introduce the fuzzy numbers set as
a fuzzy comparable set, namely, we can ordered
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any number of the fuzzy numbers. Finally, in
order to the description new proposed attitude,
several basic properties and illustrative examples
presented for ranking fuzzy numbers. In later pa-
per, with the new proposed method for ranking
fuzzy numbers, we will have a new attitude to
fuzzy distance.

The paper is organized as follows. In section 2,
we present the basic definitions and concepts re-
lated to the subject. In section 3, a new def-
inition of fuzzy partial order, fuzzy comparable
and fuzzy linear (total) order are provided and
its basic properties are investigated in section 4.
In section 5, the proposed method has been ex-
plained with examples and shows the results of
comparing our method to others. Finally, con-
clusions and future research are drawn in section
6.

2 Preliminaries and notations

In this section, some notations and background
about the concept are brought.

Definition 2.1 [16] (Fuzzy number) A fuzzy set
A in R is called a fuzzy number if it satisfies the
following conditions

i) A is normal,

ii) Aqis a closed interval for every a € (0,1],

i11) the support of A is bounded.

According to definition of fuzzy number men-
tioned above, we use define a pseudo-geometric
fuzzy number in two case as follows:

Definition 2.2 [18] (Pseudo-triangular fuzzy
number) A fuzzy number A is called a pseudo-
triangular fuzzy number if its membership
function function pz(x) is given by

15(z), a<z<a,
pi(r) =< r5(x), a<z<a, (2.1)
0, otherwise.

Where 1;(z) and rz(x) are non-decreasing and
non-increasing functions, respectively. The
pseudo-triangular fuzzy number A is denoted by
the quintuplet

A= (a,a,a,l5(x),r5(z)),
and the triangular fuzzy number by the quintuplet

(Q: a,a, —, _)'
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Definition 2.3 [18] (Pseudo-trapezoidal fuzzy
number) A fuzzy number A is called a pseudo-

trapezoidal fuzzy mnumber if its membership
function pz(x) is given by
I3(), a<z<ay,
]-7 ai S z S az,
~ = 2.2
MA(:U) ,,,g( ) as S T S 67 ( )
0, otherwise.

Where 13(x) and rz(x) are nondecreasing and
non increasing functions, respectively. The
pseudo-trapezoidal fuzzy number A is denoted by
the Senary

A - (Q, ai, CLQ,E, lg(x)a TA'(I’)),
and the trapezoidal fuzzy number by the Senary
(Q7 ai, CLQ,E, ) _)

Definition 2.4 [13] (Equal fuzzy sets) Two
Juzzy sets A and B are said to be equal(denoted
A= B) if and only if

Vo € X, (2.3)

pg(e) = pp(@).

3 Description of the new atti-
tude to ranking fuzzy num-
bers

It is useful, in dealing with linear orderings, to
visualize what they look like. Although this is
difficult to do with arbitrary mathematical struc-
tures, it is possible with linear orderings. In spite
of many ranking methods, no one can rank fuzzy
numbers with human intuition consistently in all
cases. To overcome ordering issues, with a new
attitude coupled with the basic thinking to or-
dering, we define a fuzzy linear (total) order on
the fuzzy numbers set. Accordingly, we introduce
the fuzzy numbers set as a fuzzy comparable set,
namely, we can ordered any number of the fuzzy
numbers. Finally, in order to the description new
proposed attitude, several basic properties and il-
lustrative examples will present for ranking fuzzy
numbers.

Definition 3.1 Let A be a normal, convexr and
continuous (NCC) fuzzy set on the universal set
U. Then,

i) a.c(A) = {mm (core(A)) + max(core(fl))},
ii) support(A A)={z eU|z<ac(A)},
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iii) support(A) = {z e U Jz>a. c(A)}, N
i) Py = {z Gjupport( ) | inf(support(A)) <
x < min(core(A))},

v) D7 = {x € support(A A) | maz(core(A)) < x <
sup(support(A))},
HZ("L‘)a T c Bga _
, 1 x € core(A)
vi)pge) = { b core(A),
A MK( ) T € pPx
0, otherwise.
Note: if U = R in the above definition, then

NCC fuzzy set is fuzzy number.

Definition 3.2 (Fuzzy less) Let A, B are two
the pseudo-geometric fuzzy numbers. Then,

1) A =g B iff ac(A) < a.c(B)

and. inf(supp(B)) < inf(supp(A)), )

2) A <ps B _iff ac(A A) < _a.c(B)
(

and inf(supp(A)) <
sup(supp(A)), _
3) A <us B iff ac(d) <
and_inf(supp(B)) > sup(supp(A)),
4) 4 <a.b.s Bv Zﬁ 4_<a~5 @ and 4 =b.s BJ
5) A<pns B iff A=<ps B and A=<, B,

finally,

inf(supp(B)) <

a.c(B)

A<B iff A<,,B or A=, B
or A<, B.

Remark 3.1 The A <a.s Band A <n.s B can
not occur together.

Definition 3.3 (Fuzzy approzimation) Let A, B
are two the pseudo-geometric fuzzy numbers.
Then,

1) f_jas B iff (A) = aC(B)
and inf(supp(B)) < inf (SUPP(A)) N
2) A B iff ac(A) = a.c(B)
and_inf(supp(B)) = inf (supp(A)), )
3) A Zs B iff  acd) = ac(B)
and inf(supp(B)) > inf (SUPP(A))

finally,

Remark 3.2 Let E,E are two the pseudo-
geometric fuzzy numbers. Then,

22)\
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Definition 3.4 (Fuzzy less then or approi-
mation) Let A, B are two the pseudo-geometric
fuzzy numbers. Then,

iji’ iff A=<B or A~B.
Remark 3.3 (Fuzzy positive ) Let F.(R) be a
set of the pseudo-geometric fuzzy numbers, and
Fo(R )—{AGF( ) | a.c(A) = 0}. Then,
VAGF( ) OeFo(ng);

1)0 <qs A iff 0 <a.c(A) and inf(supp(g)) <
inf (SUPP(O)) ~
2)0 <ps A iff 0<a. c(A) and inf(supp(0)) <

inf (supp(A)) < sup(supp(0)), N
3)0 <ns A iff 0<a. c(A) and inf(supp(A)) >
sup(supp(0)), N N

4) A=0 iff ac(A) =0 and inf(supp(0)) =
mf(supp(A)) N

5) AZas0 iff ac(A A) =0 and inf(supp(0)) <
mf(supp(A)) N

6) AZps 0 iff a.c(A A) =0 and inf(supp(0)) >
inf(supp(A)),

finally,

0< A iﬁb-@,sz orb%b,sz orb—<n,8 Z,
Zzbiﬁz%borzga.sborng.sb

Definition 3.5 ( Fuzzy partial order) A binary
relation (here denoted by infix 3) on a fuzzy set
X is a fuzzy partial order if and only if it is

1) reflezive,

2) fuzzy anti-symmetric,

3) transitive.

The pair ()N(, 2) is called a fuzzy partially ordered
set (fuzzy Boqgt}. Incidentally,

for all /LB,C’ € X:

a. A3 A, the reflexive property,

b. If A X B and B 2 A then A ~ B, the fuzzy
anti-symmetric property, o

c. IfAZXBand B X C then AZC,
tive property.

the transi-

Definition 3.6 ( Fuzzy comparable ) Any two el-
ements A and B of a fuzzy set X that is fuzzy
partially ordered by a binary relation 3, are fuzzy
comparable when A 3 B or B 3 A. If it is not
the case that A and B are fuzzy comparable, then
they are called fuzzy incomparable.

Definition 3.7 ( Fuzzy total order ) A binary
relation = on a fuzzy set X is a fuzzy total order
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if and only if it is

1) a fuzzy partial order,

2) for any pair of elements A and B of)z, A = B
or B 2 A (the totality property).

A fuzzy total order is also called a fuzzy linear
order. Thus, a fuzzy totally ordered set is exactly
a fuzzy poset in which every pair of elements is
fuzzy comparable.

4 Theorems and properties

In this section, we introduce the pseudo-
geometric fuzzy numbers set as a fuzzy totally
ordered set and discuss some of its properties.

Lemma 4.1 Let F.(R) be a set of the pseudo-
geomelric fuzzy numbers, then

VA, B € F.(R);

i) A< B or B XA,

i) A < A,

111) IfA<§ andB<A thenA B,

) If AX B and B X C then A3 C.

Proof.We have the above cases, according to the
definitions (3.4), (3.3) and (3.2).

Theorem 4.1 Let F.(R) be a set of the pseudo-
geometric fuzzy numbers, then the pair (F.(R), 3)
s a fuzzy totally ordered set.

Proof.We have the above case, according to the
lemma (4.1) and the definition (3.7).

Therefore, the pair (F(R), X) as a fuzzy to-
tally ordered set means that any pair of elements
in the F.(R) of the relation are fuzzy compara-
ble under the relation. This also means that the
F.(R) can be diagrammed as a quasi-line of ele-
ments, giving it the name quasi-linear.

We define a parameter as ambiguity rank, that
as a comparison coefficient between ranking fuzzy
numbers and ranking crisp numbers can be con-
sidered. Then, we show that, total order is a

special case of the proposed fuzzy total order.

Definition 4.1 (Binary relation with ambiguity
rank ) Let F.(R) be a set of the pseudo-geometric
fuzzy numbers. Then, ambiguity rank of A = B
1s defined with ar = (llgﬁ,rlgﬁ,l2g7§,r257§) as
follows:



F. Abbasi et al. /IJIM Vol. 8, No. 4 (2016) 365-875

llK,E d(sup{d(ﬁzzl (a),a.c(A) | «a €
(0,11}, sup{d(p 7' (), a.¢(B)) | € (0,1]}),
rap = dsupld(pM(o), ac(A) | a €
(0,11}, sup{d(! (), a.¢(B)) | o € (0,1]}),
big = sup{d(pz(z),pz(y) | Vo €

support(g) Vy € support(B);d(z,a.c(A)) =

d(y, a. C(B))}
rip = supldpz(@),mply) | Voo €
support(A),Vy € support(B);d(z,a.c(A)) =

d(y,a.c(B))}.
We denote the = with ambiguity rank by:

A Zor B (4.4)
Definition 4.2 (Ambiguity rank of fuzzy to-
tally ordered set ) Let F.(R) be a set of the
pseudo-geometric fuzzy mumbers.  Then, am-
biguity rank of the pair (F.(R),Z) is defined
with Fear = (lip,®), "1F.®R) l2F.(R), T2F.(R)) @S
follows:

hr.w =sup{liz5| A B € F(R)},
rr® =sup{rz5| A B € F(R)},
br.®) = sup{lyz g |
ToOF.(R) = Sup{rzAB | A B € F.(R)}.

Remark 4.1 Another natural characteristic of a
fuzzy totally ordered set is the number of elements
it contains. We call this the order of fuzzy totally
ordered set. This number is, of course, most in-
teresting when it is finite. In that case we say that
fuzzy totally ordered set is finite. Then, ambigu-
ity rank of fuzzy totally ordered set will be defined
with the change sup to max in the definition (4.2).

Definition 4.3 (Type-1 fuzzy par) Let A, B are
two NCC fuzzy sets. Then,
A ~1 B if and only if

1. Va € support(A), Yy €
support(B); if d(z, a.c(A)) =
d(y,a.c(B)) then p;(x) = ps(z), N

2. YV € support(A),Vy €
support(B) if d(z,a.c(A)) =
d(y, a.c(B)) then Jiz(x) = ().

Lemma 4.2 Let E,E are two NCC' fuzzy sets.
Then,

B iff g:éandﬁwlé.
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Proof.According to the definitions, it is obvious.

Lemma 4.3 Let (F.(R),3) be a fuzzy totally
ordered set of the pseudo-geometric fuzzy num-
bers, with the ambiguity rank F.ar = (0,0,0,0).
Then,

VA,B€ F.(R); A~y B.

Proof.
Suppose A, B € F.(R).
Then, we have from (g, (r), "1F.®)) = (0,0) :

sup{d(p7'(a),a.c(A)) | a € (0,1} =
sup{d(pz (@), a.c(B)) | a € (0,1]}
sup{d(i7'(a),ac(4)) | o« € (0,1} =
guzo{d(ugl(a)ja-dg)) | o € (0,1]}

| {z € support(A A) | pz(x) > 0} |=| {z €
support(B) | pg(x) > 0} |,

| {z € support(A) | mz(x) > 0} |=| {z €

support(B) | ig(x) >0} |.
(Note: |- |= sup(-) —inf(:) )

Therefore, have Prerequisite for A ~; B.

Also, we have from (lyp,(r), T2r.(r)) = (0,0) :
Y € support(g),Vy S support(é);
d(z,a.c(A)) = d(y, a.c(B)) =
d(p 7(x), p5(y)) = 0.

Namely,

pi(@) = pgy). (4.5)
And,
YV € support(g),Vy € support(é);
d(x,a.c(A)) = d(y,a.c(B)) =
Namely,

() =Tgy). (4.6)

Finally, of (4.5),
have A ~1 B.

(4.6) and the definition (4.3)
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Now, according to the cases mentioned above,
we provide the relation between fuzzy totally or-
dered set and totally ordered set as a theorem in
the following:

Theorem 4.2 Let (F.(R),3) be a fuzzy totally
ordered set of the pseudo-geometric fuzzy num-
bers, with the ambiguity rank F.ar = (0,0,0,0).
Then, the pair (F.(R),3) is totally ordered set.

Proof. It is straightforward with the lemma
(4.3) and (4.2).

In the future, with the new proposed ranking,
we can have a new attitude to fuzzy distance.
In this paper, we discuss a few related Lemma.
Before it is necessary that the fuzzy arithmetic
operations based on TA (in the domain of the
transmission average of support) be introduced
for pseudo-geometric fuzzy numbers.

As regards fuzzy arithmetic operations using of
the extension principle ( in the domain of the
membership function) or the interval arithmetics
(in the domain of the a- cuts), we have some
problem in subtraction operator, division oper-
ator and obtaining the membership functions of
operators.

Although with the revised definitions in [25] on
subtraction and division, usage of an interval
arithmetic for fuzzy operators have been permit-
ted, because it always exists, but its not efficient,
it means that result’s support is major agent (de-
pendence effect) and also complex calculations of
interval arithmetic in determining the member-
ship function of operators based on the extension
principle , are not yet resolved.

We eliminated such deficiency with the fuzzy
arithmetic operations based on TA in the [1] as
follows:

Definition 4.4 (The fuzzy arithmetic opera-
tions based on TA for pseudo-triangular fuzzy
numbers)

Consider two pseudo-triangular fuzzy number

A= (a,a,a,l5(x),75(x)),
B = (b,b,b,15(x),75(x)).
With the following a-cut forms:

:U AozaAa—[A A]

0<a<l,
:U BavBa—[ﬁaB]OS <1.

F. Abbasi et al. /IJIM Vol. 8, No. 4 (2016) 365-375

In the following, we define fuzzy arithmetic op-
erations based on TA for addition, subtraction,
multzplzcatwn and division:

A+ B=U,(A+ B,

(A+B)o =[5 + (Fagfe), o3 + (Aadba)).

(4.7)
“A=Uoa(“A)a, (“A)a = [2a+ Ay, ~2a+Aq).
(4.8)
A-B = Uy A-B)a(A-B)a = [52 +
(Fagtie), a5 & (A )]
(4.9)
AB = a(‘m)aa
(A\B)a =
([(9)A, + (2)B., (5)Aa + (%)Badl,
a 29, b >0, B
[<S>Aab+ (2)Ba, (3)Aq + (4)Bal,
a>0,b<0,
(5 + (2B ()4, + 9By, 10
a<0,b<0,
[(5)Aq + (2)Bay (3)Aa + (2)B,],
[ @ <0,b>0.

a27 g2
(4.11)
A.Bil e Ua(A Bil)a;
(AB 1), =
(35 4o+ (532 B (35)4a + (352)Bal,
22 0,b>0, _
[(35) e + (52)Bas (35)Aq + (53)Bal,
22 0,b < g
[(35)Aa + (55)Bas (35)Aq + (552)Bal;
a< 07 b< 9 _
[(35)Aa + (552)Bas (55)Aa + (52)Bal;
a<0,b>0
(4.12)

Remark 4.2 Fuzzy arithmetic
vision on  pseudo-triangular

0=(0, 0, 0, l5(z),

operation  di-
fuzzy  number
r5(x)) is not able to define.
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For a more comprehensive definition, we ap-
ply our proposed fuzzy arithmetic operations on
pseudo-trapezoidal fuzzy numbers. It should be
noted that the above definition is special case of
below definition.

Definition 4.5 (The fuzzy arithmetic operations
based on TA for pseudo-trapezoidal fuzzy num-
bers)

Consider two pseudo-trapezoidal fuzzy number
A= (g, 01,09, 15(2), 7 5(2)),

B = (b,b1,b2,b,l5(),r5(7)).

with the following a-cut forms:

A U Aoona = [AOUZO&L

0<a<l1,A; = a1, ag],

B = Ua BouBa = [BOUE(XL
0§ §1,Blz[bl, bg] Let
a1 +ap b+ bo

In the following, we define fuzzy arithmetic op-
erations based on TA for addition, subtraction,
multiplication and division:

A+ B=U,(A+ B,

(A+B)a =442 + (Aeffe), o404 (FagBe))
(4.13)

—A=Uq(~Aas (~A)a = [26+ 44, ~26+4a].
(4.14)

-3 Zo¢ 70{
22 4 (AafBa))].

Y

(4.15)

—
ke
S~—
[
—~
le-
N—

S
\Y,
o T

VIS <
[SSEOVASS

> Bis
\‘O +
<

INA

\;O\’

—.
—~
[VIISH
S—

(4.16)

o
&e
+

ASS

A
o

= e
A
\'o\'

—~
ke
S~—
PN

Q

+
N e
N
o]

Q

(4.17)
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AB = (AB ),
(A.B_l)a =
([(35) 40 + (%) Bas (35)Aa + (55)Bal.
(EZ 07 1/) > 07 —_—
(55)Aa + (552)Bas (5540 + (552)Bal,
¢ =20, v <0,
[(5)Aa + (3%)Bas ()40 + (2)Bal,
¢ <0, ¢ <0, _
[(35)Aa + (352) Bao (355)Aa + (552)Bal,
¢<0,v>0
(4.18)

Remark 4.3 The fuzzy arithmetic operation di-
vision on fuzzy number 0 (‘a.c(0) = 0), is not able
to define.

Therefore, in order to introduce a new attitude
coupled with the basic thinking to distance for
fuzzy distance in the future, provided a lemma
and theorem related to the subject as follows.

Lemma 4.4 Let F.(R) be a set of the pseudo-
geometric fuzzy numbers, and
Fy(R )—{AEF( ) | a.c(A A) = 0}. Then,

VA, B,C € F.(R), 0 € Fy(R);
1) if 4N~ then A+CZB+£C,
2) if AZB then
j 0=<C,
j C <0,
3) if A= and C=<D then
A+Cj§?ﬁ
4)if 0<AZB and 0 < C =
D then -
A.C < BD.

Proof.we have the above cases, according to the
definitions of (3.2), (3.3), (3.4), (4.4), (4.5) and
remark (3.3).

Theorem 4.3 Let F.(R) be a set of the pseudo-
geometric fuzzy numbers, then

VA, B € F.(R);

1) If AZ A= B then 3X,Y € F.(R); A+X~B
and B 1Y +Y ~ A o

2) If A B and A ~1 B B then 3X)Y €
F.(R); A+X Band B+Y = A.

Proof.we have the above cases, with the X =

—_

B—AandY = A— B.
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5 Illustrative example and com-
parison study

It is reasonable to expect that different ranking
methods can produce different ranking order for
the same sample of fuzzy numbers and some of
them seem to be good in a particular context but
not in general. Intricacies like these make rank-
ing fuzzy numbers rather difficult.

Although the proposed attitude for ranking fuzzy
numbers is different from the other methods,
however we use some comparative examples to il-
lustrate the advantages of the proposed method.

Example 5.1 Consider the four fuzzy numbers
A= (_471727_7_)73 = (77 3 _a_)) C =
(-7,2,3,—,—) and D = (-2,0,1,1,—,—), taken
from paper[2], with the following fig. 1.

0.8

u(x)

0.6

0.4

0.2

0.5

Figure 2: Velocity profiles for various values of
A

Example 5.2 Consider the three triangular
fuzzy numbers, A = (5,6,7,—,—), B =
(5.9,6,7,—,—) and C = (6,6,7,—,—), taken
from paper[2], with the following fig. 2.
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0.8

0.4

o 1 2 3 a 5 6 7
X
Figure3

Figure 3

By using our method, A Zas B Jps C.

Thus the ranking order is

A~B~(C.

To compare with some of other methods, the
reader can refer to the following Table 2.

Example 5.3 Consider the two fuzzy numbers,
A=(1,2,5,—,—) and B=(1,2,4,l5(z),rg(x)),
as

lp(x) = (1— (z—2)%)2,r5(2) = (1- Lz —2)?)2,
taken from paper[11], with the following fig. 3.

By using our method, A = B. Thus the ranking
order is

A~ B.

To compare with some of other methods, the
reader can refer to the following Table 3.

All the above numerical examples show that the
results of the proposed method, similar to the in-
tuitively ranking order, can overcome the draw-
backs of the other methods.

6 Conclusion

Ranking of fuzzy numbers is an important issue
in the study of fuzzy set theory. In order to rank
fuzzy numbers, one fuzzy number needs to be
compared with the others but it is difficult to de-
termine clearly which of them is larger or smaller.
Numerous methods have been proposed in previ-
ous studies to rank fuzzy numbers. There is not a
unique method for comparing fuzzy numbers. As
a result, it is reasonable to expect that different
ranking methods can produce different ranking
order for the same sample of fuzzy numbers and
some of them seem to be good in a particular
context but not in general. Intricacies like these
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Table 1: Comparative results of Example 5.1

Fn Proposed Method  Abbasbandy Sign Distance Sign Distance Distance minimization
and Hajjari P=1 P=2

A - 0.6666 3.2000 2.5820 0.0000

B - 0.1666 1.5313 1.2417 0.0000

C - 1.3334 2.9444 4.0414 0.0000

D - 0.3334 3.000 2.3094 0.0000

Results B<D—<A<C B<D<A<XC B<C<D<A B<D<A<C A~B~C~D

Table 2: Comparative results of Example 5.2

Fuzzy proposed Abbasbandy  Sign Sign Chu Cheng (64
number method and Hajjari Distance Distance and Distance index

p=1 p=2 Tsao
A - 6.0000 6.12 8.52 3 6.021 0.028
B - 6.0750 12.45 8.82 3.126 6.349 0.0098
C - 6.0834 12.5 8.85 3.085 6.3519 0.0089
Results A~B~C A<B<C(C A<B<C A<B<C A<(C<B A<B=<C (C=<B<A

Table 3: Comparative results of Example 5.3

Fuzzy number Proposed method Liou and Wang oo =0 Liou and Wang oo =1 Chu - Tsao
A - 1.5 3.5 1.2445
B - 1.2 3.6 1.1821
Results A~B B<A A<B B<A

make ranking fuzzy numbers rather difficult. In
this paper, with the new attitude coupled with
the basic thinking to ordering, we defined a fuzzy
linear (total) order on the fuzzy numbers set. Ac-
cordingly, we introduced the fuzzy numbers set as
a fuzzy comparable set, namely, we can ordered
any number of the fuzzy numbers. Validity of the
proposed method was compared with other rank-
ing methods by some examples. These proposed
method is relatively reasonable for fuzzy numbers
based on the introduced axioms, especially in the
future prospects of this new approach to fuzzy
distance.
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